VII. KPATHBIE UHTEI'PAJIBI

PacuerHble 3a1aHus
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3amaua 2. BEIYUCIUTE.

H 12x y> +16X°y’ dxdy;

D: x=1y= x,y——&.

J.J.(36x2y2 —96x3y3)dxdy;
23.D

D: x=1,y=3x, y=-x".

J.J. 27x Y’ +48x°y’ dxdy;

D: x=1Ly= x,y——\&.

f dy.

0 0 0
j fdx+jdyjfdx.
2

1
1.20. j dy
- +y) -1 3y

2 o
)
j f dy.

0

1 %2 V2
1.22.£dx£f dy+_l[dx

-1 0 0 0
1.24. jdy j f dx+jdyjf dx.
y

7y |
B 2ax? 2 Vi
1.26. jdx j f dy+jdx j
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1.28.idxj).f dy+J1'dx ! fdy.

1 Jx 2 2~
1.30.£dx£fdy+!dx£ f dy.

H 9x y> +48x°y’ dxdy;

D: x=1y=+X, y=-x~
J.J. 18x Yy’ +32x°y° dxdy;
D: x=1y= x,y——\&.
J.J. 18x y +32x°y° dxdy;

D: x=1y=3x, y=-x%

y.



ﬂ 18x y* +32x° y dxdy;
D.x_l,y_x,yz—\/;.
ﬂ 4xy +3x° y dxdy;

D.x_l,y_x,yz—\/;.

” 8Xy +9x* y dxdy;
2.11. D

D: x=1y=x, y=—x.

” 12xy + 27X y dxdy;
2.13. D

D: x=1,y=x%y=-3x.

”( xy+—x y )dxdy;

2.15.

D: x=1,y=x,y=—\/§.

”(24xy —48x°y’ )dxdy;
2.17. D

D: x=1,y=x%y=—Jx.

” 4xy +16%° y dxdy;
2.19. b

D: x=1y=x, y=—x.

”(44xy+16x3y3)dxdy;
2.21. D

D: x=1,y=x%y=-x.

”(xy —4x’y’ ) dxdy;
2.23.D

D: x=1y=x}, y=—Vx.

ﬂ 27x y* +48x’ y dxdy;
D.x_l,y_\/_,y:—x3.

” 12Xy +9x%° y dxdy;
2.10. D

D: x=1,y=+x, y=-x~.

” 24xy +18%° y dxdy;
2.12. D

D: x=1,y=x>, y=-3x.

” 8xy +18x? y dxdy;
2.14. D

D: x=1,y=3x, y=-x~

- ”( Xy +9x°y jdxdy;

D: x=1y=vX, y=—x.

” 6Xy + 24Xy’ dxdy;
2.18. D

D: x=1,y=+x, y=-x~

” 4xy +16x%° y dxdy;
2.20. D

D: x=1y=x}, y=-x.

” 4xy +176x%° y dxdy;
222.D

D: x=1y=x, y=—x.

”(4xy+ 176x°y* ) dxdy;
2.24. 0

D: x=1 y=vX, y=—x.



2 ”(6x y’ +—x y jdxdy;

D: x:l,y:x,yz—x/;.

Yo ”(3x y’ +—x y jdxdy;

D: x=1, y:%&, y=—X

”(54x2y2 +150x*y* ) dxdy;
2.29. D

D: x=1,y=x%y=-x.

”(54x2y2 +150x*y* ) dxdy;
231. D

D: x=1y=x}, y=—Vx.

3agaua 3. Be4uciauTs.

Xy/2
- ”ye dxdy;

D:y=In2,y=In3, x=2, x=4.

- ”ycos xy dxdy;

D:y=x/2,y=n,Xx=1, Xx=2.

dxdy;
s ﬂymnxy xdy

D:y=n/2,y=m,Xx=1, x=2.

j j 4ye*Vdxdy;
3.7. °

D:y=In3, y=In4, X—%

x=1.

2.26.

2.28.

2.30.

3.2.

3.4.

”(9x2y2 + 25x4y4)dxdy;

D

D: x=1y=+vX, y=-x

”(9x2y2 +25x*y* ) dxdy;

D

D: x=1y=x}, y=-Yx.

” Xy —9x’y dxdy,

D

D: x=1,y=3x,y=-x%

H y? sin% dxdy;

D

D: x=0, y=\/;, yzg.

”y e *dxdy;

D: x=0,y=2,y=X

) J.J.y2 cos% dxdy;
- D

D: x=0,y=4x/2, y=x/2.

_[ _[ 4y? sin xy dxdy;

D
3.8.

D: x=0,y=\@,y=x.



j j ycos2xy dxdy; ” y’e ¥ *dxdy;

3.9. ° | 3.10. ° 3
D:y=—,y=x, x=—, x=1. D: x=0,y=2,y=—.
y y=7 > y y ’
leysinzxy dxdy; ” y2 cos xy dxdy:
3.11. ° 3.12. D
D:y:%,y:%,x=2,x:3. D:x:O,yzx/;,yzx.
xy/4 . 2 o3 .
” ye” “dxdy; ”y sin2xy dxdy;
3.13. D 3.14. D
D:y=In2,y=In3, x=4, x=8. D: x=0,y=+27, y=2x
szcoszxy dxdy; H y2e ™ 2dxdy:
D
3.15. 3.16. D
D:y:%,y:%,x=l,x=2. D:x:O,y:\/E,yzx.
. 2 .
” ysin xy dxdy; ” y~ cos2xy dxdy;
3.17. ° | 318,
D:y=x,y=2n, x=—, X=1. D: x=0,y= z, zé.
y y > y \/; y 7
”8ye4xydxdy; ”3y2 sin% dxdy;
3.19. ° | | 3.20. °
4r 2
D:y=In3,y=In4, x=—,X=—. C Y = N
y=Ins5, y=In 4 7 D: x=0,y ‘/3,y 3x.
2 —Xy/2 .
“ycos xy dxdy; g y'e " dxay;
3.21. 9 3.22.
D:y=x,y=37,x=1/2, x=1. D:x=0,y:1,y:§.
. 2 .
”ysmzxy dxdy; ”y cos xy dxdy;
3.23. 3.24. D

D:y=x/2,y=37/2,x=1/2, x=2. D:x=0,y:\/;,y=2x.
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xy/3d d :
3.25. J;')[6ye -

D:y=In2,y=In3, x=3, Xx=6.

dxdy;
3.27.gycos2xy -

D:y=x/2,y=37/2,x=1/2, x=2.

I dxdy;
. JJ3ys1nxy xdy

D:y=x/2,y=3r,x=1, x=3.

Y dxdy;
3.31. J;.)"lzye =

D:y=In3, y=In4, x=1/6, x=1/3.

3agaua 4. BeauciuTs.
j”2y2exy dx dy dz;
Vv

4.1
o X=0,y=1,y=X
V )y )y 9
z=0, z=1.

Hj y’ch(2xy) dx dy dz;
\%

4.3.

Xx=0,y=-2, y=4X

V )y 7y 2
2=0,z2=2.

H x’sh(3xy) dx dy dz;
Y

4.5
e X=1,y=2Xx, v=0
V 9y )y 9
z=0, z=736.

- gyz sin% dxdy;

D: x=0, y:\/;, y =X

2 —xy/8d d :
3.28. _[_)[y i -

D: x=0,y=4, y=2x

0 '[;[yz cos% dxdy;

D: x=0,y=+27,y=2X

H x*zsin(xyz) dx dy dz;
V

4.2. X=2,y=m, z=1,
V
Xx=0,y=1,z2=0.

jﬂSyzz e*” dx dy dz;
V

M = y=22=1,
Vv
X=0,y=0,z=0.

jﬂ y*zcos(xyz) dx dy dz;
Y

o x=1y=21,2=2,
v
Xx=0,y=1,z=0.



H ycos( jdx dy dz;

X=0,y=-1, X/2,
v{ y 2y /
2=0,z2=—-1".

j” y’e ™ dx dy dz;
V

4.9.

X=0,y=-2, y=4X

V )y 7y 2
z=0, z=1.

”I y*ch(2xy) dx dy dz;
Vv

4.11
T X=0,vy=1 y=X
V 9y 9y 9
z=0, z=8.

”I y2e™/? dx dy dz;

4.13
o X=0,y=2, y=2X
V Dy 7y 9
z2=0,z2=-1.

I”y cos( j dx dy dz;

x=0,y=-1,y=x
vV y= y
2=0,z=2x1".

4.1

m y*cos(zxy) dx dy dz;
V

417 0y =1, y=2x,
V 2
2=0,z=rx".

j” x’sh(2xy) dx dy dz;
\Y

4.19.
X=-1,y=X,y=0
V 7y 7y M
z=0, z=8.

H XZZsin% dx dy dz;

48. "
{le, y=2x,z=4,
V

Xx=0,y=0,z=0.

2y’z e dx dy dz;
i

4.10. x=1y=1z=1,
V
X=0,y=0,z=0.

” x’z sh(xyz) dx dy dz;
\

4.12. x=2,y=1,z=1
Vv
Xx=0,y=0,z=0.

”j y’z cos% dx dy dz;

414, '
{X:3, y=1,z=2nr,
V

Xx=0,y=0,z=0.

”I X’z sh(xyz) dx dy dz;
\Y

4.16. x=1y=-1,z=1,
Vv
Xx=0,y=0,z=0.

IIIZXZZ sh(2xyz) dx dy dz;
\Y

4.18.\/ X=2, y:l/z’ Z:1/2,
Xx=0,y=0,z=0.

m X’z sin% dx dy dz;

420. "

X=1,y=4,z=r,
V
X=0,y=0,z=0.



I” y*ch(xy) dx dy dz;

4.21
o X=0,y=—1, y=X
V Dy 7y 9
2=0,z2=2.

J” xzcos(% xyj dx dy dz;
23, "

X=2,y=X,y=0
V{ ?y )y M
2=0,z=r.

4

m X“cos(7xy) dx dy dz;
\Y
4.25.V x=1y=2x%, y=0,
{Z =0, z=4r.
[T y*eh(3xy) dx dy dz;
\Y

4.27.
X=0,y=2, y=6X
V Dy Sy 9
z=0, z=-3.

” x’sin(47zxy) dx dy dz;
Vv

4.29.V x=1, y:)(/Z, y=0,
z2=0, z=8r.

” x’sh(xy) dx dy dz;
\

4.31.V X=2, y:x/z, y:O,
2=0,z=1.

3agaua 5. BeauciauTe.

” X2 ch(xyz) dx dy dz;
\Y

4.22. x=1y=1z=1,
\Y
X=0,y=0,z=0.

m y’z cosE dx dy dz;
\

9
4.24.
{X:Q, y=1,z=2r,
V

Xx=0,y=0,z=0.

I” y’z ch(%) dx dy dz;
26. "

X=2,y=-1,z=2,
Vv
Xx=0,y=0,z=0.

4

”jzyzz ch(2xyz) dx dy dz;
\%

4.28. |
X=—,y=2,z=-1
V { 29y » L ’

Xx=0,y=0,z=0.

8y*z e dx dy dz;
1]
\%

4.30. =2 y=—1 222,
Vv
Xx=0,y=0,z=0.



ﬂfx dx dy dz;
V

51.V:y=10x, y=0, x=1,
Z=Xxy, z=0.

H 15(y* +2°) dx dy dz;
\%

53.V:zZ=Xx+Yy, X+y=1,
Xx=0,y=0,z2=0.

H (1+2x3) dx dy dz;
V

55.V:y=9x,y=0, x=1,
=Xy, z=0.

jﬂy dx dy dz;
V

57.V:y=15x,y=0, x=1,
Z=Xxy, z=0.

J‘\J/‘J.(3x2+y2) dx dy dz;

59.V:z=10y, x+y=1,
X=0,y=0,2=0.

” (4+823) dx dy dz;
\%

501.V:y=Xx,y=0, Xx=1,
=Xy, z=0.

52.V: 1+§+X+£:1,
3 4 8

x=0,y=0,z=0.
[[[(3x+4y) dx dy dz;
5.4.vv; y=X,y=0, x=1,
z=5(x"+y*), 2=0.
m(27+54y3)dx dy dz;
v

56.V:y=x,y=0, x=1,
=Xy, z=0.

”I(15x+302) dx dy dz;
V

510.V:z=x"+3y* z=0,
y=X,¥y=0,z2=0.

” (1+2x3) dx dy dz;
\%

5.12.V: y=36X, y=0, x=1,
=Xy, z=0.



I”lez dx dy dz;
\%

513.V:y=Xx,y=0, x=2,
Z=xy, z=0.

I\ﬂ(xz +3y?) dx dy dz;

515.V: z=10x, X+ y=1,
X=0,y=0,z=0.

I[xe 3 acay o
\%

517.V : y=9x,y=0, x=1,

z:\/@, z=0.

”j?)yz dx dy dz;
Vv

519.V:y=2X,y=0, Xx=2,

Z=xy, 2=0.

j” x> dx dy dz;
V

521.V:z=10(x+3y), x+y=1,

Xx=0,y=0,z=0.

[[[63(1+24y) dx dy dz;

523.V:y=X,y=0, Xx=1,

z:\/W, z=0.

Vole XYyt
10 8 3
5.14.V : —+X+E=1
8 3

”J(60y+902) dx dy dz;
5.16.VV: y=Xx,y=0, x=1,
Z=X"+Yy*, 2=0.
M(9+182) dx dy dz;
Vv

518.V:y=4x,y=0, Xx=1,

z:\/@, z=0.

6
U TR A
2 4 6
520V:—+X+E:1
4 6

”J(8y+122) dx dy dz;
5.22.VV: y=X,y=0, x=1,
z=3x"+2y*, z2=0.
fﬂ(x+ y) dx dy dz;
Vv

524.V:y=X,y=0, x=1,
z=30x"+60y>, z=0.



A TS S
6 4 16 j”xyz dx dy dz;
\Y
525.V: 5+X+i:1, 526.V:y=X,y=0, x=2,
6 4 16

Z=xy, z=0.

”f y> dx dy dz; j”(Sx+%zj dx dy dz;
V V

527.V: z=10(3x+Yy), x+y=1, 528.V:y=X%X,y=0, x=2,
x=0,y=0,z=0. z=x"+15y*, z=0.
J‘J‘J' dXdde
x y z\’
j”(x2+4y2)dxdydz; ' (1+8+3+5j
\
520.V 1 7=20(2x+Y), x+y=1, 5.30.V - §+%+§=1,

Xx=0,y=0,z=0.

”f x>z dx dy dz;
V

531.V:y=3X,y=0, Xx=2,
Z=xy, z=0.

3agaua 6. Halitu muiomans Gurypel, OrpaHUuE€HHON TaHHBIMU JTUHUSIMU.

6.1.y=3/x,y=4e*, y=3,y=4.

6.2. X=4/36—Yy>, X=6—4/36-Y".
6.3. X +y’ =72, 6y =—x" (y<0).

6.4. X=8—Yy°, Xx=-2V.
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6.5. yzi, y=8¢e", y=3, y=8.
X

6.6. y—£ =2i,x=16.
X

6.7. X=5-y°, X=—4Yy.
6.8. X>+y> =12, -~J6y=x> (y<0).

6.9.y:\/lz—xz,yzzﬁ—\/IZ—xz,x:O(xz
6.10. y == \/_y_— =

6.11. yzm, 23y =x%, x=0 (x>0).
6.12. y =sinX, y =cosx, x =0, (x>0).

6.13. y =20—X>, y = —8X

6.14. y =~/18—x*, y =342 — /18— X2

6.15. y =32, y =—4x

6.16. y =2/x, y=5€*, y=2,y=5.

6.17. x> +y* =36, 32y=x* (y>0).

6.18. Y =3+/X, y =3/X, x=4.

6.19. y = 6-~36-x, y=+36-x*, x=0 (x=0).
6.20. y=25/4—x>, y=x-5/2.

6.21. y =~/x, y=1/x, x=16.

12



6.22.

6.23.

6.24.

6.25.

6.26.

6.27.

6.28.

6.29.

6.30.

6.31.

y=2/x,y=7¢,y=2,y="1.

x=27-y%, x=-6Y.

Xx=472—-Yy*, 6x=y*,y=0 (y=0).
y=v6-x",y=6-6-x".

3\/— 3
=—VX,y=—,x=4.
y 2 y 2X

y=sinX, y=cosX, x =0, (XSO).

yzl’ y:6eX, y:l, y=6
X

y =3x, y=3/x, x=9.

y=11-x>, y=-10x.

X4y =12, xJ6=y* (x20).

3agaua 7. Halitu nuomaas Gurypel, OrpaHUuE€HHON TaHHBIMU JTUHUSMU.

y> =2y + x> =0,
71 y2_4y+x2 :O’

Y=X/x/§, y=\/§x.

Yy’ —6y+Xx° =0,
73.y> =8y +x’ =0,

Y=X/\/§, y=\/§x.

X* —4x+y> =0,
7.2. X> —8Xx+ Yy’ =0,

y=0,y=x/3.

X =2X+Yy* =0,
7.4. X2 —4x+y* =0,
y=0,y=x

13



7.5.

7.7.

7.9.

7.11.

7.13.

7.15.

7.17.

7.19.

y> =8y + x> =0,
y> =10y + x> =0,

y=x//3, y=+3x.

y>—4y+ x> =0,
y>—6y+x° =0,
y=X, Xx=0.

Yy’ —6y+Xx> =0,
y> =10y + x> =0,
y=X, Xx=0.

y> =2y +x> =0,
y> —4y+x° =0,
y:ﬁx, X=0.

y> —4y+x* =0,
y>—6y+x> =0,
y=\/§x, X=0.

y> =2y + x> =0,
y> —6y+x> =0,

y=x/\3,y=0.

y> =2y + x> =0,
y> =10y + x> =0,

y=x/\/3, y=+3x

y> —4y+x° =0,
y> —10y + x> =0,

y=x/\/3, y=1/3x.

14

X —4x+y? =0,

7.6. X> —8Xx+Yy* =0,

y=0,y=x

X*—2X+Yy’ =0,

78. X> —10x+Yy> =0,

7.10.

7.14.

7.16.

7.18.

7.20.

y=0,y=13x.

X*—2X+Yy> =0,
X —4x+y’ =0,

y=x/\/3, y=1/3x.

X*—2X+Yy> =0,

X —6X+Yy* =0,

y=x/\3,y=1/3x.

x> —2X+Yy> =0,
X° —8X+Yy’ =0,

y=x//3, y=+3x.

X*—2X+Yy> =0,
X* —4x+y> =0,

y=0, y=x/\/§,

x> —2X+Yy> =0,
X* —6Xx+Yy =0,

y=0, y=x/\/§.

x> —=2x+Yy’ =0,
X* —6X+ Yy’ =0,
y=0, y=X



y> =2y + x> =0, X* —2X+Yy’ =0,
721. Yy =4y +x° =0, 7.22. X* —4x+ Yy’ =0,

y=X, x=0. y=0, y=1/3x.

y> —6y+x* =0, X* —4x+y> =0,
723.y* -8y + x> =0, 7.24. X* =8X+Yy> =0,

y =X, x=0. y:(), y:\/g)(.

y> —4y+x* =0, X* —4x+y> =0,
7.25. > =8y +Xx* =0, 7.26. X —8X+Yy> =0,

y=X, x=0. y:x/\/g,y:\/gx.

y> —4y+x* =0, X°—4x+y> =0,
727. y* -8y +x* =0, 7.28. X> —6X+Yy* =0,

y=\/§x, x=0. y=x/\/§,y=\/§x.

y> -2y +x’ =0, X* —6X+ Yy’ =0,
7.29. y* =10y +x° =0, 7.30. X> —10x+Yy* =0,

y:x/\/g, X =0. y:x/\/g,y:\/gx.

y> —4y+x> =0,
731. y* -8y +x* =0,

y=x/\/§, x=0.

3agauva 8. [Inactunka D 3amana orpaHnuuBaromMMu €€ KPUBBIMH, [ - TIOBEPXHOCTHAS
IJIOTHOCTh. HaliTh Maccy I1aCTUHKM.

D: x*+y>=1, X+ y’> =4,
82. x=0,y=0(x>0,y>0);

p=(x+ y)/(x2 +y?).

. D: x=1y=0,y"=4x (y=0);
L u=TK 4y

15



D: x=1y=0,y"=4x (y=0);

8.3.

u=17x2/2+5y.
‘s D:x=2,y=0,y"=2x (y=0);
S u=T1x/8+2y.
87 D:x=2,y=0,y’=x/2 (y>0);
C u=T%/2+6y.
‘o D: x=1y=0,y>=4x (y=0);
- 10=X+3y’.

D: x=1,y=0,y’= >0);
opy Dix=Ly=0y"=x (y20);

1=3X+6Yy".

D: x=2,y=0, y>*=x/2 >0);
g1z o YTRY K2 (y=20)

10=2X+3y".

1
D: x=—,y=0,y’ = >0);
g1, 2 0.y =8x (y=0);

1="TX+3y>.

D:x=1y=0,y’=4x (y>0);
10="TX>+2y.

8.17.

16

8.4.

8.6.

8.8.

8.10.

8.12.

8.14.

8.16.

8.18.

D: xX*+y>=9, x>+ y* =16,
x=0,y=0(x>0,y>0);

y=(2x+5y)/(x2+y2).

D: xX*+y> =1, X’ + y> =16,
x=0,y=0 (x>0, y>0);
y:(x+y)/(x2+y2).

D: x> +y> =4, X+ y* =25,
x=0,y=0 (x>0, y<0);
y=(2x—3y)/(x2+y2).

D: x¥>+y> =1, x>+ y*> =9,
x=0,y=0 (x>0, y<0);
y:(x—y)/(x2+y2).

D: x>+y>=9, x>+ y> =25,
x=0,y=0 (x<0,y>0);
y:(zy—x)/(x2+y2).

D: xX>+y> =4, x>+ y* =16,
x=0,y=0 (x<0,y>0);
y:(2y—3x)/(x2+y2).

D: xX>+y> =9, x>+ y* =16,
x=0,y=0 (x<0,y>0);
y:(zy—SX)/(x2+y2).

D: x>+y’=1, X’ + y’ =16,
x=0,y=0 (x>0,y>0);
/,z:(x+3y)/(x2+y2).



, D: X’ +y*=1, X+ y> =4,
D:x=2,y°=2x,y=0 (y=0);
8.19. 820. x=0,y=0(x>0,y>0);

u=1x/4+y/2. lu:(x+2y)/(X2+y2)-

D: x>+y> =1, x>+ y*> =9,
822.  x=0,y=0(x>0,y<0);

p=(2x- y)/(x2 + yz).

D:x=2,y=0,y"=2x (y=0);

8.21.
u=7x/4+y.

D: x*+y>=1, x>+ y> =25,
D: x=2,y=0,y*=x/2 (y20); ! ’
8.23. 824. x=0,y=0(x20,y<0);

y:7X2/2+8y. ,L1=(X—4Y)/(X2+y2)'

D: x=1,y=0,y> =4x (y=0); D: X’ +y* =4, x’ + y* =16,

8.25. 826. x=0,y=0(x>0,y<0);
L1=6X+3y%. 22
y=(3x—y)/(x +y )
D: x>’+y> =4, x>+ y*> =09,
D: x=2,y=0,y>=x/2 >20);
g7, o YTRY X2 (y20) 828. x=0,y=0(x<0,y>0);
1=4xX+6Y". o,
y:(y—4x)/(x +y*).
1 D: xX>+y’ =4, x>+ y* =9,
D: x=—,y=0,y°=2 >0);
820, Y0 X (y20) 830. x=0,y=0(x<0,y>0);

1=4X+9Yy>. ,u:(y—2x)/(x2+y2).

1
D: x=—,y=0, y* =16 >0);
g3, g YT x (y=0);

u=16x+9y*/2.

3apava 9. [Inactunka D 3agaHa HEpaBEeHCTBaMU, |l - TOBEPXHOCTHAs TUIOTHOCTh. Halitn

MacCCy INIACTUHKU.

17



D: x*+vy*/4<1;
on, D1 XY
H=y.

D: x*/9+y?/25<1;
9.3. y >0;
=Xy,
D: 1<x*/9+y*/4<4;
95. y=0, y<x/2;
pn=8y/x’.

D: x*/4+y* <1
9.7. / y
p=4y".

D: 1<x*/16+y?[4< 4;
9.9. X>0, y<x/2;
H=X/y.
D: x*/4+y> <[
9.11. X>0, y=>0;
U=6xX"y.

D: x2/9+y*/4<1;
9.13. [o+y'/
p=xy

D: x*/4+y><I;
9.15. x>0, y>0;
1 =30xy’.

18

D: 1<x*/9+y*/4<2;
2
9.2. yzo,yggm
H=Yy/X.

D: x*/9+y*/25<1;
9.4. y >0;
u="1xy/18.
D: x*/9+y><I;
9.6. X>0;
10="Txy°.
D: 1<x*/4+y*[9<4;
9.8. x>0, y<3x/2;
H=Xy.
D: x*/4+y* /o<,
9.10. x>0, y>0;
pH=xy.
D: 1<x*/4+y* <25;
9.12. x>0, y<x/2;
pn=x/y’.
D: x*/16+y> <1,
9.14. x>0, y>0;
1n=>5xy’.
D: 1<x*/9+y?/4<3;
2
o.16. Y20, y<TX

H=Y/X.



9.17.

9.19.

9.21.

9.23.

9.25.

9.27.

9.29.

9.31.

: X2+y2/25£1;

y=0;
1 ="T1x%y.

X*[4+y2/9<1;
=X

X*[9+y> <1
X >0;

1 =11xy°".

L 1<X2/9+y?/4<5;

x>0, y<2x/3;
H=X]Y.

X’ [4+y?[25<1;
=X

L 1< x4+ y?[9<36;

3
x>0, y>—x;
=3
n=9x/y*.
x*[16+y* <1;

X=>0, y=>0;
1 =105xy’.

D 1< X216+ y* <3;

x>0, y>x/4;
=x/y*.

19

9.18.

9.20.

9.22.

9.24.

9.26.

9.28.

9.30.

X +y? /o<

y=0;
1 =35x"y’.

c1<x2+y2/16<9;

y>0, y<4x;
p=y/x.

c1<x2/4+y* 16<5;

x>0, y<2x;
=X/y.
x4+ y*[9<1;
X>0, y=>0;
p=Xxy.

: X2+y2/4£1;

x=20, y=0;
1w=15xy’.

x?/100+ y* <1;
x>0, y=0;

1 =6Xxy’.

c1<x/9+y* 16 <2;

yZO,yng

,u=27y/X5.



10.1.

10.3.

10.5.

10.7.

10.9.

10.11.

10.13.

10.15.

10.17.

3anaua 10. Haiitu o0bem Tena, 3aIaHHOTO OTPAHUIUBAIOIIUMH €T0 TIOBEPXHOCTSIMH.

y:16x/5, y=x/5,

z2=0, X+z=2.

x> +y2=2, y=+x, y=0,
z=0, z=15x.

X =20,/2y, X=52y,
2=0, z+y=1/2.

X>+y> =2, x:\/y, X=0,
z=0, z=30y.

y:17\/ﬂ, yzzﬁ,

z=0, x+z2=1/2.

x> +y2 =8, y=+/2x, y=0,
z=0, z=15x/11.

x—é x——5
BUARGANET e
5
z=0, z:§(3+«/y).

X*+y> =8, Xx=42y, x=0,
z=30y/11, z=0.

y =63x, y=+/3x,

z=0, Xx+z=3.

20

10.2.

10.4.

10.6.

10.8.

10.10.

10.12.

10.14.

10.16.

10.18.

y =5vX, y =5x/3,
z=0, z:5+5\/§/3.

X+y=2, y:\&,
z=12y, z=0.

x:S\/V/z, x=5y/6,
5
=0, z=g(3+\/§).

X+y=2, x:\/y,
z=12x/5, z=0.

y=5Jx/3, y=5x%/9,
2=0, 2:5(3+\&)/9.

X+y=4, y=\/§,
z=3y, z=0.

X=1942y, x=4,/2y,
2=0, z+y=2.

X+y=4, x:\/27,

z=3x/5, z=0.



10.19.

10.21.

10.23.

10.25.

10.27.

10.29.

10.31.

11.1.

11.3.

x> +y2 =18, y=+/3x, y=0,
z2=0, z=5x/11.

X="7y3y, x=243y,
z2=0, z+y=3.

X +y> =18, x:\/@, X=0,
z=0, z=10y/11.

y =+/15x, y=+15x,
z2=0, z:\/E(H\/;).

X+Yy=8, y:\/ﬂ,
z=13y, z=0.

x:\/y, x =15y,

7=0, z=15(1+ﬁ).

X=172y, X=22VY,
z=0, z+y=1/2.

10.20

10.22

10.24

10.26

10.28

10.30

X+Yy=6, y=\/3_x,
'z:4y, z=0.
x:Sﬁ/3, Xx=5y/9,
220, 2=5(3+fy}/9.
X+Yy=06, x=\/37,

2=4x/5, 2=0.

X2 +y2 =50, y=/5x,
y=0, z=0, z=3x/11.

x:16\/T, x:\/27,

z+y=2, z=0.

X +y> =50, x=4/5Y,
x=0, z=0, z=6Yy/11.

3anpava 11. Halitu 06beM Tena, 3aJJaHHOTO OIPAHUYMBAIOIIMMU €r0 ITOBEPXHOCTSIMHU.

X*+y> =2y,
z=5/4-x*, 2=0.

x? +y? =82x,
Z=X"+Yy’ —64,
z=0 (z20).

11.2.

11.4.

X*+y =y, X +y’ =4y,

Z=+X"+Vy>, 2=0.

X +y>+4x=0,
z=8-Yy, 2=0.



11.5.

11.7.

11.9.

I1.11.

X*+y>=6X, X*+y’ =9x,

Z=+X"+Vy*, =0,

y=0 (y<0)

X*+y> =2y,

2=9/4-x*, z=0.

x> +y2 + 22y =0,

Z=X"+Yy’ -4,

. =

X>+y>=7X, X*+Yy =9x,

Z=+X"+Vy*, 2=0,

0 (z20).

y=0 (y<0)

x> +y> =2y,

11.13.

11.15.

z=13/4-x*, 2=0.

X2+ y? = 6:/2x,

Z=X+Yy’-36,

z=0 (220).

X* +y? =4x,

11.17.

11.19.

z=12-y?, z=0.

N N

22

X +y’ =642y,
11.6. =X +Yy* —36,
z=0 (220).

X*+y> =2y, X>+y> =5y,

Z=+X"+Vy*, 2=0.

11.8.

X* + Yy =4x,
11.10.
z=10-y*, z=0.

X2 +y2 =82y,
11.12. z=X>+y*> — 64,
z=0 (220).

X*+y> =3y, X’ +y’ =6y,
Z=\X"+y*, 2=0.

X’ +y’ =242y,
11.16. 2=X"+y*> -4,
z=0 (220).

11.14.

X +y?=8x, X>+y’=11x,

11.18. Zz=+/X>+y>, =0,

y=0 (y<0)

x> +y* =4y,
11.20. y y
z=4-x*, z=0.



2:4\/7 ,
X +y =4y, X’ +y =Ty, Yy
11.21. 1122. 2=X +y —16,

_ oy oS-
Z=+X"+Yy°, z=0. _0 (220).

Pyt =9x, X7+ Yyt =12x,

X
2 2
X +Vy +2X=0,
11.23. Y 11.24. 2=+X*+y>, 2=0,

z2=17/4-y?, 72=0.

y=0 (y=0)
x> +y? +22x =0,
2 2 X2+y2:4y9
1125. 2=X"+Yy> -4, 11.26. )
z=6-x", z=0.
z=0 (z220) ’
x> +y>=10x, x*+y’> =13x, x> +y? = 22x,
11.27. z=+/X*+Vy?, 2=0, 11.28. 2=X"+Yy> -4,
y=0 (y>0) z=0 (22>0)
X* +y* =2X, X' +y* =5y, x*+y’ =8y,
11.29. 11.30

z=21/4-y*, z=0. z=\X+y?, 2=0.

X>+y> +2x=0,
11.31.
2=25/4-y*, 7=

3apava 12. Halitu 00beM Tena, 3aJaHHOTO OIPAaHUIMBAIOIIMMHI €T0 ITOBEPXHOCTSIMHU.

y=5x+2, y=17, y=5x"=2, y=—4x"+7,
12.1. z=3y* =7x* =2, 122. 2=4+9%x> +5y°,

z=3y°-7x° 5. Z=-1+9%" +5y°.

X=-5y"+2, x=-3, x=2y’ -3, x=-7y’ +6,

123. 2=3x>+y*> +1, 12.4. 2 =14X> +16Yy?,
z=3x"+y’-5. Z=-3+.X*+16Yy°.

23



y=—6x"+8, y=2, y=5x"—1, y=-3x"+1,

125. 2=X— X" —y* —1, 12.6. Z=-2+/3x> +y°,
z=Xx-X -y’ =5 Z=-5+3x+Vy*.
x=5y2_9, X =—4, y:6X2—1, y=>35,

127. =X +4x—y> — 4, 12.8. 2=2X" + X - Y°,
Z=x+4x-y> +2. Z2=2X"+Xx-y’ +4.
X=5y"—1, x=-3y* +1, x==3y’+7, x=4,

12.9. Z=2—(X* + 6y, 12.10. Z=2++/6X> + Y7,
Z=—1-xX*+6y°. Z=3+6X>+Yy".

y=-5x>+3, y=-2, y=x =5, y=-x"+3,
12.11. z=2x> -3y —6Yy*> -1, 12.12. =4 ++/5x* +8Yy?,

z=2x>-3y—-6y’ +2. Z=1++5x +8Yy>.

x:3y2_5’ X=-2, X:y2—2, x=—4y2+3,

12.13. 2=2— /x> +16Y?, 12.14. 2= 16— X —y* +2,
Z=8—X +16Yy°. z:\/16—x2—y2—1.

y=2x>-1, y=1, y=X -2, y=—4x>+3,
12.15. 2 =X" -5y* -3, 12.16. Z=2+X> + Y,

z=X -5y’ -6. Z=—1+{xX*+y’.

X=—-4y> +1, Xx=-3, X=7y> =6, X=-2y* +3,
1217. 2=X>=7y* -1, 12.18. 2=3-12y* +5%°,

7=X"-7y* +2. z7=-2-12y* +5%°.

y=1-2x>, y=—1, y=x"-7, y=—8x*+2,
1219. 2=X"+2y+y> -2, 12.20. 2=3-12y* +5%°,

Z=X"+2y+Yy +1. 7=-2-12y* +5%°.

24



X=2y*+3, Xx=5, y=3x>+4, y=7,

1221, 2 =14+/9% + 4y?, 12.22. 2 =5—4/2X*> +3Yy?,

Z=4+9%X" +4y*, Z=1—+/2X"+3y°.

X=5y* -2, x=-4y>+7, X=-2Yy*+5, Xx=3,

12.23. 2 =4—2X> +3y°, 12.24. 7=5—/x* +25y?,
Z=—1-2%x> +3y". Z=2—X +25y°.

y=-3X"+5, y=2, y=3x>-5, y=—6X*+4,
12.25. 2 =3+/5X> +y?, 12.26. 2=2+10x" - y?,

Z=—14++5x" +y>. z=-2+10y" -y

X=4y>*+2, Xx=6, X=3y* =2, X=—4y>+5,
1227. =X +4y* + y +1, 12.28. 2=4-7X>-9y?,
Z=X+4y’ +y+4, z=1-7x> -9y
y=2x"-5, y=-3, y=2x>-3, y=—7x*+6,
12.29. 2 =2++/X> +4Yy?, 12.30. Z=1-5%> - 6Yy?,
z=—1+/x2 +4y". 2=-3-5x"-6y".

y=-2x>+7, y=5,
12.31. 2 =1-2x> +3y?,
z7=4-2x>+3y".

3anpava 13. Halitu 00beM Tena, 3aJJaHHOTO OIPAaHUYMBAIOIIMMHI €TI0 ITOBEPXHOCTSIMHU.

. Z=49-x" -y, . 2=15x +y /2,

92/2=x>+Y". z2=17/2-x* -y’

25



S ey ey e

13.3. — 13.4. X> +y> =60
z:\/(x +y )/255. (BHyTpH HHJII/IHI[pa).
B E_ 2_ 5 _ / 2 2
135. 57\ 7Y 13, 27NV
27=x>+ V> 2=10-x -y
Z:\/25—X2_y2> 22_\/1200 ' h "
137, S 13.8. X" +y~ =51
Z:\/(X +Y )/99 (BHYTpI/I I_[I/IJII/IH,Z[pa).
_ 2 2 = — 2_ 2
139, 2T 2NXAY /2, 13.10. z=ylo-x -y,
2=23/2-x" -y’ 0z=X+Y"
—J81—x2—\2 _
- Y = V81-X -y, 225
13.11. — 13.12. X“+y =45
z:\/(x +y )/80. (BHYTpH IHTHHIpA ).
13.13 2=\1-x -y, 3.1, 27OV
C372=x 4y z=16-X -y
=64-x*-y*, z=4
7=436-%* -y, Zz \/2 N
13.15. o 13.16. X"+ Yy~ =39
Z:\/(X +Y )/63 (BHYTPH I_[I/IJ'II/IHI[pa).
B B 2_ 2 — 2 2
B L ERLAA 2
182 = x> +y~. 2=5/2=X —y".
2=\J49-x>—y?, 7=3
7= 9_X2_y29 , |
13.19. — 13.20. x> +y* =33
Z:\/(X +Y )/35 (BHyTpI/I I_[I/IJII/IHI[pa)-
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_ _y2 2 — /2 2
13.21. Z_‘/36 =y 1322, ° INXAY
9z =X+’ 7=22-%x" -y’
1= 6y R
13.23. —— 13.24. X> +y* =27
Z:\/(X MR )/15' (BHYTpH IHIHHIDA ).
_ _y2 2 — / 2 2
13.25. Z_\/4/9 =y 13.26. L2yx+ys,
Z=X"+Yy>. 7=28-%x" -y’
7=25-x* -y, z=1
Z2=49-X"-y?, ’ ’
13.27. — 13.28. x> +y* =21
Z:\/(X Ty )/8 (BHyTpI/I I_II/IJIHH,Z[pa).
_ 22 _ 9. [y2 2
13.29. =64 -y, 1330, 25 OVXHY /2’
122 = x>+ y°. z=11/2-x" -y
z2=136-%* -y,
13.31.

z :\/(x2 + yz)/3.

3apaua 14. Halitu 00beM Tena, 3aJaHHOTO OTPAaHUYMBAIOIIMMHI €r0 ITOBEPXHOCTSIMHU.

—9_ 2 2 _ 1) 2
22 12(x* +y?), s z_10[(x 1) +y }+1,
Z=24Xx+2. Zz=21-20x.
2
143 2:8(x2 +y2)+3, 1442 :2—20[(x+1) + yz},
z=16X+3. 7 = —40—38X.
2
s 2=4-14(x +y?), e z=28[(x+1) +y2}+3,
Z=4-28X. Z=56Xx+59.
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2=32(x"+y")+3,
7=3-64x

14.7

149. 57 2-4(x+y?),

Z=8X+2.

2:24(x2+y2)+1,
Z=48x+1.

14.11.

z:—16(x2 +y2)—1,
7=-32x—1.

14.13

z=26(x2+y2)—2,
2=-52x-2.

14.15

z:—2(x2 +y2)—1,
Z=4y-1.

14.17.

o, 2=30(X"+y*)+1,
z=60y+1.
Z :2—18(x2 + yz),
Z=2-36Y.

14.21.

2:22(x2+y2)+3,
7=3-44y.

14.23

2:4—6(x2+y2),
Z=12y+4.

14.25.

z=28(x"+Vy*)+3,
14.27. ( y)
Z=56Yy+3.

28

14.8.

14.10

14.12

14.14

14.16

14.18

14.20

14.22

14.24

14.26

14.28

Z :4—6[(x—1)2 +y2J,
Z=12x-28.

2=22| (x=1) +y |+3,
Z2=47—-44x.

2=2-18| (x+1) +y* |,
7=-36x-34.
2=30[ (x+1)"+y |+1,
Z=060x+61.

Z =—2[(x—1)2 + sz—l,
.z:4x—5

2=26| (x=1)" +y* |-2,
z=50-52x.

2=-16| (x+1) +y* |1
Z=-32x-33.
2 =24 (x+1) +y* |41,
Z=48x+49.

2:2—4[(x—1)2+y2},
| Z=8X—0.

z=32[(x—1)2+y2]+3,
2= 67— 64x.
2:4—14[(x+1)2+y2},
Z=-28x—-24.



14.29.

14.31.

15.1.

15.3.

15.5.

15.7.

15.9.

z=2—20(x2+y2),
Z=2-40y.
2:10(x2+y2)+1,
z=1-20y.

2:8[(x+1)2 + y2}+3,
Z=16x+19.

14.30.

3anaua 15. Haiitu oObeM Tena, 3a1aHHOTO HEPaBEHCTBAMH.

1<xX*+y* +2° <49,

~ x2+y2<Z< x> +y
V" 35 T\ 3

—x<y<0.

4<X>+y* +7° <64,

x> +y X

Z< , ———=<y<0.

3 J3

1<xX*+y* +2° <36,

2 2 15.6.
7> [22Y _ Bx<y<Bx

99

1< x> +y* +27 <49,

2 2
0<z< X+ ,
24
y<_i y < —/3x
- VE :

4<X*+y* +7° <64,

~ x2+y2<Z< x> +y
V" 35 T\ 3

Xx<y<O0.

1<xX*+y* +7° <64,

2 2 2 2
15.2.‘/)( -y szs‘/x -y
15 3

—\/gxgygo.

4<X>+y* +27° <36,

15.4. 2 2
Z2>— X+ OSyS—i

63 3

25< X +y* +12° <100,

2 2
zs-,/x 9+9y . B3x<y<—3x

25<X*+y* +12° <49,

2 2
15.8. — X+ <z<0,
24
X
y=z— Yy=-J3X
V3

16 < x> +y* +12% <100,

2 2 2 2
15.10.1/)( Y szs,/x -y ,
15 3
\/§x£y30.

29



16<xX* +y> +12° <64,

16 < x> +y* +12% <100,
/ +y
15.11. 2+y2 x 15.12.22-
—_J3x< <__

__<y< ~J3x.
7
4<X+y +17° <49, 36 <X +y +2° <121,
15.13. 2, 2 15.14. 2,2
7> |22V y<o, y<i3x 7> XY ys0, y>Bx
99 99
4<X>+y* +7° <64, 36 <X+ Yy +2° <144,
2 2 2 2
1515 0<z< |22 15.16. — |2~ Y_ <7<,
24 24
X
y<J3x, y<—. y>3x, y>
5 NS
9<x*+y*+12° <81, 36X+ Yy +12° <144,
2 2 2 2 2 2 2 2
1507 — |2 <y |2V 15.18.—,/)( Y e
3 35 3 35
0<y<-—x Ogyg—\ﬁx.

36< X +Yy* +2° <100,
36£x2+y2+22§144,

15.19 2 15.20. z =2 — X2+y2
3 V3 “ 5
2 <y<3x
J3
9< X’ +y*+12° <64, 49 < x> +y* +7° <144,
2 2 2 2
1521. 22 x+y , 15.22. 25— Xy )
99 99
<2y X y>i y>_i
V3T B V3T

30




9< X’ +y*+12°<8l,

2 2

1523.0<z< X +y,
24
X

y<0, y<—.

V3

16 < x> +y* +2% <100,
2 2 2 2
_/x+y <q< x+y,
3 35
0<y<Xx

64 < x>+ Yy’ +12° <196,

15.25.

15.27. X2 + y2 X

V3

x> +y
15.29. 2> :
99
y<0, y<-—/3x

16<x*+y*+2° <100,

2 2

1531.0<z< X +y
" 24

y< <L
RN

<y<0.

15.24. —

31

49 < x> +y* +12° <81,

2 2

Ty

<z<0,
y=0, y=2
\/_
64 <X +Yy> +12° <196,
1526, XY < e X+y
3
0<y<+3
64 < x> +y* + 7> <144,
X’ +y
Z>— 0<y<—.
63 f
64< X’ +y’+2° <169,
2 2
Lo Xy ’
99
y>0, y=—/3x.

9



3apava 16. Teno V 3anaH0 OrpaHMYMBAIOIIMMHA €70 TOBEPXHOCTIMU, L - INIOTHOCT.

Haitu maccy Tena.

64(x2+y2)=22, X +y’ =4,
161.y=0, z=0 (y=0, z20),

y:S(x2+y2)/4.

X +y +2° =4, X>*+y° =1,
162. (X' +y* <1), x=0 (x=0);

p =4z

X*+y =1 x'+y =2z,
163.x=0, y=0, z=0 (x>0, y>0);

L =10x.
16 4
X*+yi=—"z’ X+y=—1z
y 49 Y 7
164.x=0, y=0, (x>0, y>0);
w1 =380yz,

X +y +2° =1, X*+y =47,
16.5. x=0, y=0, (x>0, y>0, z>0);

1 =20z.

Z
16.6. x=0, z=0 (x>0, z

X +y +2° =16, X’ +y> =4,
16.7. (x> +y* <4);
,u:2|Z|.
32



X*+y> =4, xX*+y> =8z,
168.x=0, y=0, 2=0 (x>0, y>0);
L= SX.

x> +y? :izz, x> +y? :éz,

25
16.9. x=0, y=0, (x>0, y>0);
L=28Xz.

XC+y +2° =4, X*+y> =177,
16.10. x=0, y=0, (x>0, y>0, z>0);
L1 =06Z.

16.11.

16.12. (X +y <4), y=0 (y=0);

X*+y> =1, xX’+y> =62,

16.13. x=0, y=0, =0 (x>0, y>0);
L1 =90y.

x> +y° :2%22, x> +y? :lz,

16.14. x=0, y=0, (x>0, y>0);
u=14yz.
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16.15.

16.16.

16.17.

16.18.

16.19.

16.20.

16.21.

X' +y' +2° =4, X’ +y’ =97,
X=0, y=0, (x20, y=0, z20);
=10z

X>+y*+27° =4,
x> +y> =1, (x2+y2£1),
=l
X +y' =1, X+y =1,
X=0, y=0, z=0,
(x>0, y>0);
1 =10y
1 1

X’+y' =—12", X’+y’==z,

y 49 y 7
x=0, y=0, (x>0, y>0);
L =10xz.

X +y +2°=4, xX*+y>=47°,

x=0, y=0, (x>0, y>0, 2>0);
=10z

16(x2+y2):22, X>+y> =1,

x=0, y=0, z=0 (x>0, y>0, z20),
y:S(x2+y2).
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16.22.

16.23.

16.24.

16.25.

16.26.

16.27.

16.28.

X>+y>+2° =16,
X*+y’ =4 O@+y2§4%
p=lzl.
X’ +y =4, X +y’ =4z,
x=0, y=0, z=0 (x>0, y>0);
1= 5Y.
2 2

x2+y2=22, x2 1

u=35yz.

X*+y'+zt =1, X’ +y’=17",
X=0, y=0, (x20, y=0, z20);
L =322

X +y'=27, X +y’=4,
X:O, y:O’ Z:O
(x=0, y=0, 220),

;1::5(x24—y2)/2.

X'+y +2"=9, X +y' =4,
(x*+y*<4), z=0 (220);
=21

X' +y’ =1, x*+y’ =3z,
x=0, y=0, z=0

(x>0, y>0);
L =15X.
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16.29.

16.30.

16.31.

X+ =122, X’ +y’ :%Z’

49
x=0, y=0, (x=0, y=0);
u=20xz.

X*+y +2° =16, X’ +y’ =92’
x=0, y=0, (x20, y20, 220);
=351

36



	Расчетные задания

